In this note we shall provide the last essential element in a simple proof of the theorem of Wagner [l] which states that every ordered ring satisfying a nontrivial polynomial identity is commutative.
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It is clear that an ordered ring A has no divisors of zero. Moreover, the existence of a nontrivial identity is easily seen to imply that if a^O and b^O are in A there exist elements c^O and d^O in A such that (1) ac = bd. For we use (3) to write a -dc~l where c>0, and d has the same sign as a. By Lemma 1 we know that/ has the same sign as d and hence the same sign as a.
Since the sign of a is unique we may say that a = &_1a>0 if a>0, <x<0 if a<0, a = 0 if a = 0. We may then prove the following result. Theorem.
The quotient ring of an ordered regular ring is ordered.
As a consequence of results of Amitsur [3] and Kaplansky
[4] we have the property which states that if an ordered ring A satisfies a nontrivial polynomial identity the quotient ring B also satisfies the identity and is finite-dimensional over its center F. By our theorem B is ordered and this order clearly implies that F is ordered. But then it is known [5] that B is commutative and so we have Wagner's result that A is commutative.
